In this article, we consider the boundedness of , ,
Introduction
In [1] , the authors considered the hyper-singular parametric Marcinkiewicz integral with variable kernel as follows:
      , which is the parametric Marcinkiewicz integral with variable kernels considered in [2] .  denotes -th difference operator (see [3] ).   in [4] . They proved that:
Theorem A [4] . Suppose for 
, for some 
with the infimum taken over all the above decompositions of f as above 
Main Theorem
Now let us formulate our main results as follows. Theorem 2.1. Suppose that
, and let
(2), and let
satisfies the following two conditions:
2) there exists 0
where the constant is independent of and .
. At the same time, we change the course of the statement in [4] .
If there exists In order to prove our Theorems, we need several preliminary lemmas. > r p , such that
such that < y RK , then for any
Proofs
0 n x R  ,
Proof of Theorem 2.1.
Applying the Minkowski' inequality, we can get 
Proof of Theorem 2.2.
By Lemma 2.2 , we have 
By the atomic decomposition theory on Hardy type space, it suffices to prove that there is a constant such that for all -atom the following holds
Without loss of generality we may assume that
into two parts as follows:
We can easily see that . By (4) and the size condition of atom , we have
Next we estimate 2 I . Let us consider 
Applying the Hölder inequality and the size condition of , we have a 
So we can get
For 22
I , we write 
Now let us estimate . By the vanishing condition of , we have a 
. 
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